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The lifetimes of molecules located close to a sinusoidal grating surface are studied within a classical phenomenological model. The contribution of surface roughness to the molecular decay rate is
attributed to the discrepancy between the experiments of Rossetti and Brus and the theory of Chance,
Prock, and Silbey. It is found that surface roughness can either enhance or diminish the flat-surface
value for the decay rate depending on the emitting frequency, molecule-surface distance, and the
molecular orientation.

I.

INTRODUCTION

The scattering of light and other Auorescence properties
of molecules residing in the vicinity of a metallic surface

have aroused immense interest since the early 1970s, '
especially after the discovery of the dramatic surface
enhancement of Raman scattering (SERS). It has now
become clear that in spite of many other possible efFects,
the roughness of the surface definitely plays an important
role in leading to such dramatic surface phenomena.
While in most experiments surface roughness unavoidably
exists, the theoretical modeling of such roughness can
generally be classified according to two categories: (I)
random and (2) regular (periodic) roughness. A Gaussian
distribution of roughness often serves as a prototype of
the former, and the shallow sinusoidal grating surface is
the simplest and typical example of the later.
Other
models, including a collective of bumps (represented by
spheroids, either randomly or periodically distributed)
In general,
have also been considered in the literature.
two distinct classes of phenomena are of particular interest as far as the role of the surface roughness is concerned: (I) the modification of the emission intensity and
(2) the fluorescence lifetime of the admolecule in the presence of a rough metallic surface. One simple approach to
such problems based on classical phenomenology
(CP) is
to solve the Maxwell equations (ME) subject to these
rough boundary conditions. The drawbacks of such an
approach have been pointed out with possible remedies
from a microscopic modeling of the surface electrons and
the application of a nonlocal classical electromagnetic
It has been found that a CP approach is valid in
theory.
general down to very small molecule-surface distances of
a few angstroms.
In particular, the problems of both the
molecular dipole emission intensity'
and lifetime have
been investigated by this approach, where the general
solutions to the ME established by Maradudin and Mills"
and to the image problem by Rahman and Maradudin'
have been applied to surfaces with random roughness described by a Csaussian correlation function as
&g(r„)g(r~', ) &

=S'exp(

I

r„—ri, 'ta')
I
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Here g(r~~) is the surface height at r~~, a position vector
parallel to the xy plane, and 5 and a are the mean-square
height of the surface and the correlation length, respectively. We have taken z to be the direction normal to the
surface. For the case of periodic roughness, a shallow
sinusoidal grating described by the correlation function
(g(r(()g(r('[) ) =5

sin(gx}sin(gx'},

where 5 is the grating amplitude and Q, the spatial grating
period, has also been considered, and here the emission
intensity has been found to exhibit pronounced angular
resonances. ' One of the goals of the present paper is to
complete this picture via a thorough study of the Auorescence lifetime of molecules near such grating surfaces.
However, there are also other motivations leading to this
study as described below.
On the experimental side, Kuhn' and Drexhage' are
who employed the
among the earliest investigators
Langmuir-Blodgett'
fatty acid monolayer assembly technique to study the lifetime of various dye molecules
separated by fixed distances from the metal layer evaporated onto glass substrates. Their results for molecules
located not too close to the surface were described very
well by the classical electromagnetic
energy-transfer
theory established by Chance, Frock, and Silbey (CPS)
based on Sommerfeld's antenna theory. ' However, there
are serious limitations to the fatty acid monolayer technique, ' as pointed out recently by Rossetti and Brus
(RB},' that only certain oxidized surfaces and lowfrequency emitting dyes can be studied by these experiments. By proposing a new "three-layer sandwich matrix" arrangement using argon as the spacer, RB studied
the decay rates of pyrazine molecules near a silver surface
and observed large discrepancies between the experimental data and the CPS theory at molecule-surface distances
as large as 125 A, with the theory predicting larger and
ever increasing values and the experimental data showing
a saturation tendency with values below the theoretical
ones. This is a great surprise since many other similar experiments'
have shown that the classical theory is able to
disresults for molecule-surface
explain experimental
tances down to a few angstroms.
One possible way to
1475
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save the classical theory and to explain the RB experiment is to take into account the effects of the surface
roughness. After all, the CPS theory is good only for perfectly flat surfaces, and the perfect flatness of the silver
boundary can hardly be guaranteed under these experimental conditions. '
Arias, Aravind, and Metiu have
therefore studied theoretically the effects of surface roughness (assumed to be randomly distributed) on the molecular decay rate and have concluded such effects are irrelevant to RB's results, since the roughness has been
found to add to the flat-surface value for the decay rate,
thus bringing the CPS theory further away from the RB
data. Moreover, it has been claimed that one can argue in
more general terms that roughness always enhances the
flat-surface values for the decay rate.
However, the situation has since changed dramatically with the publication of a later paper
by RB on similar experiments acknowledging that the earlier discrepancies found by them'
are erroneous.
With modified experimental techniques,
they no longer observed the previous saturation characteristics for the decay rates at small molecule-surface distances. Instead, the CPS theory is now found to agree
very well with the experiment for a gold surface and to lie
below the data for a silver surface. While RB have then
attributed such discrepancies to the different reliability of
the experimental values which they used for the dielectric
constants for the metals, ' this later RB experiment surely
revives the possibility that roughness may indeed play an
important role in the comparison between theory and experiment. Furthermore, it was reported in the first RB
paper that surface structure was observed via scanning
electron microscope (SEM), and some sort of periodic
structure seemed to exist (at least within a local region
and to the limit of the resolving power of the SEM) on account of the surface finish of the underlying sapphire due
to the polishing. ' This further motivates the present
theoretical study. Besides the case of periodic roughness
can provide a more quantitative
comparison between
theory and experiment since the degree of roughness can
be controlled by various plating and grooving procedures.
In the following section, we shall present a systematic
study of the molecular lifetimes on a shallow sinusoidal
grating based on the image theory worked out by Rahman
and Maradudin
(RM). ' While being aware that this
theory is not as accurate as the energy-transfer theory, ' it
to extend the
seems that it is not that straightforward
to the case of rough surfaces.
Sommefeld antenna theory
With this left as an open problem, we resort back to the
image theory and limit ourselves to situations where the
molecule-surface
distances are small compared to the
in which case the two theories
emission wavelengths,
agree well with each other. ' In particular, we shall be interested in seeing the variation of the decay rates with
emission frequency and molecule-surface distance for all
three distinct orientations (x, y, z) of the molecular dipole.
This latter feature is unique to the grating system, since in
the other cases such as the fiat or rough (with Gaussian
randomness) cases, only two (parallel and perpendicular)
distinct orientations are possible. One of the most interesting findings in this present study is that, depending
on the orientation of the molecule and other factors, the

'
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effect of the roughness does not necessarily enhance the
flat-surface values for the decay rate, in contrast to the anNumerical
ticipations of some previous investigators.
results will be presented in Sec. III, after which, in Sec.
IV, we shall discuss possible implications relevant to the
experiments mentioned above.

'

II. THEORY
Similar to previous investigations,
the present theory is
based on the damped harmonic oscillator model' for the
molecule and the image theory for rough boundaries. '
surface-induced decay rate obtained in this model can
The Ric-=
be expressed in terms of that for a free molecule (i.e., in
the absence of the surface). For convenience of presentation, let us define two ratios of decay rates
PR

oo

R2=-

fF

where the subscripts R, F, and 0 stand for cases with a
rough surface, flat surface, and a free molecule, respectively. Within this model, these ratios are found to be

'

R, = l+ — Im(GF+ G~),

(4)

2 k

R2 —1+

3
Imo
2 k
3 q
ImG'
&+
2 k

—

where q is the quantum yield of the emitting state, k is the
emission wave number, and the G (co) functions are
defined as the image field on the molecular dipole per unit
dipole moment, as a function of the emission frequency co,
with F and R representing
contributions from the flat
boundary and from the roughness, respectively. To calculate these functions, we resort to the image theory of
RM. ' The image potential at a point r due to a point
charge lying above the substrate surface at r' [i.e.,
z'&g(rI~)] is obtained as a solution of the Poisson equation and is given by [for z & g(r~~)]

4(r r') =
I

J

d k

",
(2m. )

~ (k())exp(ik((. r(()exp( —k((z),

where kI~ is the two-dimensional
wave vector on the xy
plane and the coefficient A (k~~) is to be determined from
matching appropriate boundary conditions.
Following
RM, ' we obtain the perturbative solution for A (k~~) for a
sinusoidal boundary g(r~~)=5 sin(gx). To first order in
the roughness (5Q), we get' '
A

(k„)= A' '(k„)+ A "'(k, ),

where
(a)

(kii)

—
=- 2~e ea+1
exp( —
1

ik~~

k~~

and

rI~)exp(

—k~~z'),
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+1)' (5Q)[
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k
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and

~~

—
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III.

(10)

dielectric consta nt of the surface

corn
omplex

tential to first order in roughness.
t is en
the A (k ) gives back the ordinary image
flat boundary an d A "(k)
pote tm
ld
h
lowest-order effect of thee roughness on
r r . o
1ate t h e G functions
as defined above, we mus ca c
'
'
from Eq.. (6) thee image electnc field dueetoadi 'p olep(at
r) on the dipole itself. Hence, wee have
ave
II

e'

E(r }= —

e

[

~.[p'~'0(r

r )] ] '=. .

I

tin E s. 6 —(10) into (11), we obtain the G functions for a dipole p located
as
,
(i) For the case of a perpendicular dipole

at,

e —1

F

1

(12)

~+1 4d'

=

G

(e+1)2

f "d f "du(efg+h)
o

o

(f +g)d] .

X exP[
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For the case of a parallel dipole
F

F

Gx

—
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analysis on Eqs. (4) annd (5) whose results are presented m
the next section.

—k ii~

where

OF. . .

NUMERICAL RESULTS
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IV. DISCUSSION AND CONCLUSION
From all the previous numerical results, we can conclude that the effects of the periodic roughness on molecular decay rates depend very much on the emitting frequency (co), molecule-surface distance (d), dielectric properties (e) of the metal, and orientations of the molecules.
In particular, we observe that, depending on various
different conditions, the roughness can lead to either
enhanced or diminished decay rates as compared to the
flat-surface value. This leaves open the possibility that
roughness may indeed be the origin for the discrepancies
It is possible that
observed in the RB experiments. ' '
under some of their experimental conditions, the molecules were oriented in such a way that most of them experience an enhanced damping, while in other situations
more molecules may feel the diminution effect caused by
the roughness, so that on the average, the roughness contributions become minor, if not at all disappear. It is also
possible that an overall decrease in the decay rate from
the flat-surface value can be observed in an experiment of
the RB type. Moreover, the SP effect has been observed
to be minor for the case of gold, which might explain to a
certain extent why the RB experimental results for gold
agree well with the flat-surface CPS theory. Furthermore,
the results obtained in this work may find interesting applications since, as we have mentioned in the Introduction, roughness of the periodic type can be controlled by
In this
various grooving and deposition techniques. '
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